Ž .
. and remarked that o n in 3 can be replaced by O n if f possesses at x even a finite sixth derivative.
While the complete asymptotic expansion of the Bernstein polynomials w x already appeared in a paper of Bernstein 4 and can be found in the w x classical book of Lorentz 7, p. 22f , no progress in this direction has been w made for the closely related operators of Meyer-Konig and Zeller since 8,
The purpose of this paper is to give the complete asymptotic expansion for the operators M in the form
w x provided f possesses derivatives of sufficiently high order at x g 0, 1 . The latter formula means that 
w x In 1 the author gave the complete asymptotic expansion for the Ž r . Ž . Ž moments M t ; x rg‫ގ‬ of the Meyer-Konig and Zeller operators seë n w x . 2, 3 for earlier attempts to the second resp. third moment :
For the functions f t s t rg‫ގ‬ we ha¨e for e¨ery w x xg 0, 1 the asymptotic expansion
The coefficients are gi¨en by
The quantities S i and i denote the Stirling numbers of the first resp. j j second kind defined by
Ž . Ž . where x s x x y 1 иии x y j q 1 is the falling factorial.
Application of the binomial formula gives
and Theorem B yields
Ž . Ž . 
By 7 and 8 , it follows
. where we used that s . 
Ž . is¨alid with S p, k, i as defined in 9 .
We would like to remark that in the special case p s 1 we obviously Ž . have S 1, k, i s 0 for i s 0, 1 
SOME FACTS ABOUT STIRLING NUMBERS
Ž . Because the Stirling numbers occurring in 9 are not easy to handle we first state some known facts about Stirling numbers. For k with 1 F k F n the Stirling numbers of the first resp. second kind possess the representation
Ž .x. see 6, p. 151, Eq. 5 , resp. p. 171, Eq. 7 . The coefficients C and C k, l k , l are independent of n and satisfy certain partial difference equations whose Ž w x . general solutions are unknown see 6, p. 150 . In the special case l s 0 the formulae
w x are easily verified see 6, pp. 151 and 171 . Recently, Reif 11 calculated which will be of use presently.
Ž . By 10 and 11 we have
Ž .
Ž . In the case i s 0 we have, by 9 ,
where, for fixed k, the Stirling number jy1 is a polynomial in j of kq jy1 degree 2 k without constant summand. Now we consider the case 1
is a polynomial in j of degree 2 i without constant summand iqjy1 iqjy1 Ž . and is a polynomial in j of degree 2 k y i .
kq jy1
Ž . Therefore, by 15 , there holds
as n ª ϱ. 
THE MAIN RESULTS
Combining Theorem A, Lemma 1, and the corollary we obtain as our first main result w x THEOREM 1. Let q G 2 be e¨en and x g 0, 1 . Then we ha¨e for each
